Author’s response:

Dear Editor,

Please find in the following a list of all major changes made to the document. You can find
the point-by-point responses to CC1, RC1 and RC2 attached.

Major changes:

We completely rewrote the abstract and tried to implement all suggestions. The
equations have been removed from the abstract.

Figure 1: we also agree that figure 1 should be redrafted. We tried to accommodate
all comments and changed the caption of figure 1b, to highlight that the shown cross-
section is a schematic cross-section and not based on real data (e.g. seismic
reflection data).

Several iterations to improve readability and to eliminate grammar and spelling errors.
We changed the naming of dataset A and B into datasets | and II.

We restructured chapter 2 by dividing it into subsections (“Geological setting”,
“Previous studies addressing velocity-density relationships and vertical stress”, and a
newly added section which emphasizes the “Geothermal energy extraction in the
NAFB”)

Figure 2: we changed the color palette to black and white for better visuals. The
lithostratigraphic descriptions have been changed such that they do not conflict with
the main lithological units used in the density and vertical stress determination.

Figure 3: we replaced the blue dots with minimum and maximum bordering lines of
possible A-B combinations. We also spotted a mistake in plotting Gardner’s mixed A-
B combination, which we adjusted, and which now fits much better our A-B trend
shown in figure 4a). We updated the respective parts in the discussion accordingly.

Figure 5a: we added R? values for each density-depth trend in the figure caption
Figure 5b & c: we annotated obvious outliers

Figure 6: the background maps now follow the same style as the new figure 1
Figure 7: We adjusted the grid line width and the title of the x-axes.

Section 4.4: We discuss the shape of the power law vertical stress gradient model,
which reflects the effect of sediment compaction and thus increasing density with
depth (or vertical effective stress).

We added a subsection in the Results and discussion section, where we discuss the
geological controls on density, velocity and vertical stress including the impact of
mechanical and chemical compaction, cementation, tectonic stress and diagenesis on
density and velocity

Upper Jurassic: we added a small sub-section in the Results and discussion section
where we discuss the implications of our results regarding geothermal exploration
and production in the study area. We added a subsection to chapter 2 introducing
geothermal energy production in the NAFB (see above).

Many thanks and kind regards,

Michael Drews, Peter Obermeier and Florian Duschl/



CC1: 'Comment on egusphere-2024-2692', Giacomo Medici, 30 Sep 2024

General comments

Very good research in the field of geophysics with insights on geothermal energy. Please,
consider the minor points to improve the manuscript.

Author reply:
Dear Giacomo,
Many thanks for your positive feedback and comments!

Please see our point-by-point response to your specific comments below.

Specific comments

Line 6. “We systematically analysed density and velocity data from 41 boreholes”.
Using...please specify the technique/tool, this point needs to be clear in the abstract.

= We completely revised the abstract to add more detail, which was also a major
suggestion by both reviewers.

Lines 35-37. “Acoustic wave velocity through rocks or its inverse, the acoustic slowness,
correlates well with density and porosity of different rock types. Several authors have
investigated this correlation and established relationships that are widely used in geophysics
and rock physics applications”. Please, add review papers that describes the geophysical
techniques that contribute to determine the porosity and storage properties in deep aquifers:

- Medici G., Ling F., Shang J. 2023. Review of discrete fracture network characterization for
geothermal energy extraction. Frontiers in Earth Science, 11, 1328397.

-Zhang, J. (2011). Pore pressure prediction from well logs: Methods, modifications, and new
approaches. Earth-Science Reviews, 108(1-2), 50-63.

=>» We added the suggested references.

Line 42. “reduction of porosity”. Are you talking about the porosity of the matrix or the fractures?
Please, specify. Indeed, in some sedimentary basins and rocks the fractures can still play a role
on flow and storage of fluids at relatively elevated depths.

=>» We agree, but here we refer to matrix porosity, which we added as suggested

Line 57. Please, clarify the specific objectives of your research by using numbers (e.g., i, ii, and
iii).

=>» We restructured the last paragraph of section 1 in three bullet points as suggested

Line 138. “78 deep oil and gas wells”. Please, specify the depth range. How deep are the wells?
=>» We added this information: depth range between 650 mTVD to 4800 mTVD

Lines 425-432. | can see 4 bulletin points. Therefore, your specific objectives should be 4.

=>» We agree and structured the objectives in the introduction accordingly



Lines 454-560. Please, integrate relevant literature on the use of geophysics in deep aquifers.

=>» Done as suggested.

Figures and tables
Figure 1. Vertical scale is unclear.

=>» Figure 1 was replaced with an improved version.
Figure 5. Make the letters "a", "b", and "c" larger.

= Agreed and implemented.

Figure 5c. The density profiles are noisy. But, | can see an unreal spike at 4100 TVD(m) that
should be deleted from the dataset

=>» Agreed, the spike is likely unreal, but we followed a clear and reproducible approach to
filter density data. This approach does not include manual removing of data points, but
remaining outliers are discounted by application of a 30m moving average window. We
describe/discuss this in the paragraph where Figure 5 is referenced and would therefore
not remove these outliers from figure 5 to maintain transparency.



RC1: 'Comment on egusphere-2024-2692', Anonymous Referee #1, 18 Dec 2024

The topic of the manuscript is very interesting for the local geology as well as a reproducible
approach for other basin setting for which heterogeneous boreholes information are
available. The manuscript is generally well written, clear and concise. Only the Abstract
needs significantly improvement. In fact, the abstract struggles to summarize the study
effectively and comprehensively. It is not clear that there is and what is the difference
between the datasets used to calibrate (A) and to derive the profiles (B). Nor is the
methodology clear (sonic velocity or seismic interval velocity). There is not enough
information on the stratigraphy of the area. These should be few, synthetic but are essential
to understand the logic of the work. The importance of the Top of Jurassic boundary and its
relationships with the rest of the stratigraphy should be presented and highlighted. On the
contrary, the formulas do not really need to be included in the abstract. possibly only the
value of R2. For the rest, it's a pleasure to read a well-crafted manuscript with well-defined
objectives from the beginning. | have only one major concern about Figure 1, which needs to
be completely redrawn. This and other minor suggestions are indicated in the annotated pdf.

Finally, | recommend publication once the (few) comments above have been addressed.

Author reply:
Dear reviewer#1,
Thank you for the positive feedback and constructive comments.

We agree that the abstract needs significant revisions. We therefore completely rewrote the
abstract and tried to implement all your suggestions.

Figure 1: we also agree that figure 1 should be redrafted. We tried to accommodate your
comments and changed the caption of figure 1b, to highlight that the shown cross-section is
a schematic cross-section and not based on real data (e.g. seismic reflection data).

Other major changes (also based on the other reviewers’ suggestions):

e Several iterations to improve readability and to eliminate grammar and spelling errors.
e We changed the naming of dataset A and B into datasets | and Il.

e We restructured chapter 2 by dividing it info subsections (“Geological setting”,
“Previous studies addressing velocity-density relationships and vertical stress”, and a
newly added section which emphasizes the “Geothermal energy extraction in the
NAFB”)

e Figure 2: we changed the color palette to black and white for better visuals. The
lithostratigraphic descriptions have been changed such that they do not conflict with
the main lithological units used in the density and vertical stress determination.

e Figure 3: we replaced the blue dots with minimum and maximum bordering lines of
possible A-B combinations. We also spotted a mistake in plotting Gardner’s mixed A-
B combination, which we adjusted, and which now fits much better our A-B trend
shown in figure 4a). We updated the respective parts in the discussion accordingly.

e Figure 5a: we added R? values for each density-depth trend in the figure caption
e Figure 5b & c: we annotated obvious outliers

e Figure 6: the background maps now follow the same style as the new figure 1



o Figure 7: We adjusted the grid line width and the title of the x-axes.

e Section 4.4: We discuss the shape of the power law vertical stress gradient model,
which reflects the effect of sediment compaction and thus increasing density with
depth (or vertical effective stress).

o We added a subsection in the Results and discussion section, where we discuss the
geological controls on density, velocity and vertical stress including the impact of
mechanical and chemical compaction, cementation, tectonic stress and diagenesis on
density and velocity

e Upper Jurassic: we added a small sub-section in the Results and discussion section
where we discuss the implications of our results regarding geothermal exploration
and production in the study area. We added a subsection to chapter 2 introducing
geothermal energy production in the NAFB (see above).

Point-by-point reply:

Please find our point-by-point answers to your additional comments directly in the annotated
pdf of the manuscript “Reply _Manuscript_Comments_Reviewer#1.pdf”

Many thanks and kind regards,

Michael Drews, Peter Obermeier and Florian Duschl
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Lithologically constrained velocity-density relationships and
vertical stress gradients in the North Alpine Foreland Basin, SE
Germany

Peter Obermeier’, Florian Duschl', Michael C. Drews!
5 "Professorship of Geothermal Technologies, Technical University of Munich, Munich, 80333, Germany

Correspondence to: Michael C. Drews (michael.c.drews@tum.de)

Abstract. We systematically analysed density anEcity data from ﬁ'eholes to establish velocity-density
relationships for the main lithological units in the North Alpine Foreland Basin in SE Germany. We applied these
relationships to velocity data and spliced the resulting density values with actual density data and a shallow density

10 model to retrieve complete density profiles along 55 deep wellbores, which at least penetrated the Cenozoic section
in the study area. We integrated density profiles to vertical stress to investigate the spatial distribution of vertical
stress gradients. Thereby, we observed an eastward decrease of vertical stress gradients, which correlatEll with
the geological configuration of the North Alpine Foreland Basin in SE Germany. Thereby, vertical stress gradient
profiles can be reasonably estimated as a function of true vertical depth below ground level 7VD in the western,

15 central, and eastern parts of the study area using a power law relationship:
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20
In addition, we also investigated the distribution of vertical stress gradients at the top of Upper JurassiEyonates,
an important aquifer for deep geothermal energy production. Our study, therefore, provides a valuable resource
for future geophysical, geomechanical, and geological studies in the North Alpine Foreland Basin, both in a

fundamental and applied research context.
25
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1 Introduction

Knowledge of the stress field in the Earth’s crust is a key prerequisite to understand geological processes and to
mitigate risks associated with the economic usage of the subsurface (Allen and Allen, 2013; Zoback, 2007).
Hereby, vertical stress is often assumed to be one of the principal stresses of the stress tensor and the first stress to

30 be estimated since its magnitude at any depth largely depends on the weight of the overlying material (Zoback,
2007). The weight of the overlying sediments can be estimated if the density of the material is known. Density in
the subsurface can be determined along boreholes by measuring the energy loss between a gamma ray source and
a detector (Asquith and Krygowski, 2004). The density of rocks thereby averages the density of the grains or
matrix of the rock and the fluid stored in its pore space and is, therefore, directly related to the rock’s porosity

35 (Asquith and Krygowski, 2004). Acoustic wave velocity through rocks or its inverse, the acoustic slowness,
correlates well with density and porosity of different rock types. Several authors have investigated this correlation
and established relationships that are widely used in geophysics and rock physics applications (e.g. Gardner et al.,
1974; Raiga-Clemenceau et al., 1986; Wyllie et al., 1956). In sedimentary basins, the density typically increases
with depth due to compaction (Allen and Allen, 2013), which also impacts the increased rate of vertical stress with

40 vertical depth below ground level, also known as vertical stress gradient. The intensification of compaction
typically is highest at shallow depth before it converges towards grain or matrix densities of the buried sediments
at greater depths. This reduction of porosity or increase of density with increasing depth has been previously
described by exponential or logarithmic functions for sedimentary rocks (e.g. Athy, 1930; Sclater and Christie,
1980; Yang and Aplin, 2004; Couzens-Schultz and Azbel, 2014).

45 In this study, we investigate velocity-density relationships of main lithological units and the distribution of vertical
stress gradients in the SE German part of the North Alpine Foreland Basin. To do this, we first correlate - depending
on the lithological composition - acoustic velocities from high-resolution sonic logs with quality-controlled density
logs from 41 wells by modifying Gardner’s relationship (Gardner et al., 1974). We use these lithologically
constrained velocity-density relationships to create density profiles in 55 boreholes with velocity data and

50 lithological information that have at least penetrated the entire Cenozoic basin fill. We complement these profiles
with a shallow density model calibrated to density and density-transformed velocity data using an exponential
density-depth relationship (Couzens-Schultz and Azbel, 2014). In a third step, these density profiles are integrated
into vertical stress to acquire vertical stress gradient profiles at each of the 55 drilling locations. In addition, we
derive geographically constrained vertical stress gradient models as a function of true vertical depth below ground

55 level using a power law relationship to provide a practical tool for future vertical stress modelling. The resulting
distribution of vertical stress gradients is shown on maps and placed into context with the geological conditions

and deep geothermal energy use in the North Alpine Foreland Basin in SE Germany.

2 The North Alpine Foreland Basin in SE Germany

The North Alpine Foreland Basin (NAFB) is located in Central Europe and extends from Lake Geneva in the West
60 to Upper Austria in the East (Kuhlemann and Kempf, 2002). Our study area encompasses the SE German
(Bavarian) part of the NAFB. Here, the NAFB deepens towards the North Alpine Thrust Front (Fig. 1a), which
separates the undeformed foreland part (Foreland Molasse) from the deformed part (Folded Molasse) and the
Northern Alps (Fig. 1b). In front of the North Alpine Thrust Front, the Cenozoic basin fill of the NAFB reaches
thicknesses of up to 5 km (Bachmann and Miiller, 1992; Bachmann et al., 1987; Lemcke, 1973; Pfiffner, 1986).

2
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65 This asymmetric wedge shape (Fig. 1b) was generated by the flexural subsidence of the European plate in
consequence of the continental convergence of the African and European plates and is filled with Cenozoic
molasse sediments (Bachmann and Miiller, 1996; Bachmann et al., 1987; Pfiffner, 1986) (Fig. 2). The lateral extent
of the Folded Molasse, which is largest in the western part of the study area, reflects the clockwise rotation of the
North Alpine Thrust Front during late Oligocene — early Miocene and an associated westward increase of strain

70 (Ortner et al., 2015). Below the basin fill, Mesozoic passive margin sediments and Variscan crystalline basement
rocks can be found (Bachmann et al., 1987).

While Upper Jurassic deposits are present in the entire study area, Lower CEOUS, Upper Cretaceous and
Eocene sediments are missing in the Western part, with a SE-NW increasing erosion (Bachmann et al., 1987). The
sedimentary succession of the Cenozoic can be attributed to two transgressive-regressive megacycles, both of

75 which are defined by an eastward marine regression changing the depositional environment from a marine to a
terrestrial setting (Fig. 2). Consequently, terrestrial sediments (sandstones) are dominating in the western part
while marine sediments (shales and marls) prevail in the eastern part of the NAFB in SE Germany (Bachmann and
Miiller, 1996; Bachmann and Miiller, 1992; Bachmann et al., 1987; Kuhlemann and Kempf, 2002). Since
Late/Middle Miocene, sand and coarse-grained clastics were deposited (Kuhlemann and Kempf, 2002) (Fig. 2).

80 The NAFB in SE Germany has been extensively explored by the oil and gas industry in 1950-1980s (Bachmann
et al., 1981; Lemcke, 1979) and more recently for deep geothermal energy extraction (Flechtner and Aubele, 2019;
Schulz et al., 2017). Hereby, knowledge of stress magnitudes is critical to mitigate drilling and production risks
such as wellbore instabilities and induced seismicity, in particular for deep geothermal energy drilling and
production (Drews et al., 2022; Megies and Wassermann, 2014). Overall, more than 900 deep wells have been

85 drilled in the SE German part of the NAFB and along many of them density, sonic and/or seismic interval velocities
were measured, but only became publicly accessible recently (Gromann et al., 2024). As a consequence, stress
magnitudes and even the stress regime of the NAFB are subject to controversy in the scientific community. While
this controversy mostly addresses the magnitudes of horizontal stresses (Budach et al., 2018; Drews and Duschl,
2022; Drews et al., 2019; Seithel et al., 2015; Von Hartmann et al., 2016; Ziegler and Heidbach, 2020), the actually

90 much easier vertical stress estimation has only been addressed and investigated by a few studies so far. Thereby,
most studies estimated vertical stress as a necessary requirement to investigate other geomechanical phenomena.
While some studies assumed a constant vertical stress gradient (Seithel et al., 2015) or average density values per
stratigraphy (Budach et al., 2018) published from other areas of the NAFB (Leu et al., 2006), others introduced
compaction dependent vertical stress estimates (Drews et al., 2018; Drews and Duschl, 2022; Drews et al., 2020;

95 Drews et al., 2019). Regional studies utilize numerical modelling to estimate vertical stress (Ahlers et al., 2021;
Abhlers et al., 2022; Ziegler and Heidbach, 2020; Ziegler et al., 2016), but are subject to large uncertainties due to

data limitations.
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Figure 1: Location and overview of the study area and used well datasets. a) Study area (red outline) and used well
locations for the calibration of the velocity-density transform (Dataset A with black markers) and for the generation of
vertical stress gradient profiles (Dataset B with orange markers). The Lauterbach 1 (LAU) and Bromberg 1 (BRO)
wells are highlighted to showcase density profiles in Fig. 5b and c. The inset in the upper left corner shows an overview
map of the North Alpine Foreland Basin after Kuhlemann and Kempf (2002) and the area of interest (red box). b)
Cross-section (black line in Fig. 1a) showing the asymmetric basin geometry from north to south (after Reinecker et al.,
2010).

Only very few studies incorporated density and velocity data to analyse compaction or stress in the NAFB (Drews
et al., 2018; Drews and Duschl, 2022; Drews et al., 2020; Drews et al., 2019; Lohr, 1969, 1978). TEI%Q) and
Lohr (1978) found that seismic velocities in the NAFB increase towards the South and West and attributed this
effect to a general increase of stress magnitudes. Drews et al. (Z(End Drews et al. (2019) fitted an Athy-type
porosity decay function (Athy, 1930) modified for vertical effective stress to an average density profile based on
density and velocity data from a few wells to integrate vertical stress profiles. They also found that Gardner’s
average velocity-density relationship (Gardner et al., 1974) reasonably captures the velocity-density correlation of
sediments in the NAFB in SE Germany, but only presented a model, which reflects the average density profile

along the investigated wells. Drews and Duschl (2022) used the same Athy-type porosity decay function to model
4

EGUsphere\
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115 vertical stress in 18 deep wells distributed along both sides of the North Alpin(EJst Front. They found that
vertical stress gradients are mainly increasing towards the North Alpine Thrust Front and southward of it, and, in
a less pronounced fashion, also from East to West. Drews and Duschl (2022) interpreted the southward increase
as a result of increased horizontal compaction towards the Alps and the eastward decrease to reflect changes in

lithological composition and undercompaction due to overpressure presence.
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Figure 2: Chronostratigraphic chart of the North Alpine Foreland Basin in SE Germany modified from Drews et al.
(2018) after Kuhlemann and Kempf (2002) and Bachmann and Miiller (1992).

Overpressure in the NAFB is present due to high sedimentation rates during Late Oligocene and Early Miocene
125 times (Drews et al., 2018; Zweigel, 1998) and can be found in Oligocene and Upper Cretaceous sediments (Drews
et al., 2018; Miiller and Nieberding, 1996; Miiller et al., 1988), which is reflected by low interval velocities and
electrical resistivities (Drews et al., 2018; Drews and Duschl, 2022; Rizzi, 1973; Shatyrbayeva et al., 2024). Since
disequilibrium compaction is believed to be the main overpressure mechanism (Drews et al., 2018; Drews et al.,
2020), the presence of overpressure possibly impacts density and, thus, vertical stress. Overpressure appears in the
130 south and south-eastern parts of the study area and roughly follows the distribution of Upper Cretaceous shales,
which are missing in the north-western part of the study area (Drews et al., 2018; Shatyrbayeva et al., 2023;
Shatyrbayeva et al., 2024). The top of overpressure is usually tied to the top of Oligocene shales and is not found
at depths above 1500 m below ground level (Drews et al., 2018; Shatyrbayeva et al., 2023). In contrast, Lower
Cretaceous and Upper Jurassic carbonates roughly follow the hydraulic head of the Danube River in the North
135 over geological timescales and are underpressured (Lemcke, 1976), which results in a sharp pressure regression if

the overburden is overpressured (cf. Drews et al., 2022).
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3 Data and methods

In total, the dataset comprises of 78 deep oil and gas wells drilled in the North Alpine Foreland in SE Germany
(cf. Gromann et al., 2024 for a detailed description of the data sources). We split the dataset into two subsets to

140 a) establish lithologically constrained velocity-density relationships (Dataset A) and to b) use these relationships
to generate and model continuous density and vertical stress profiles along deep wells in the NAFB in SE Germany
(Dataset B) (Fig. 1a and Table 1). Dataset A contains 41 wells with overlapping sonic velocity and density data
from geophysical borehole measurements and lithological information from cutting descrip Dataset B
encompasses 55 wells which have at least penetrated the entire Cenozoic basin fill and which have either measured

145 density, sonic velocity or seismic interval velocity in addition to lithological information from cutting descriptions.
Seismic interval velocities are derived from vertical seismic profiles and checkshots. Information on stratigraphic
tops and cutting descriptions are extracted from geological end of well reports. In addition, wells of Dataset B are
not allowed to have data gaps larger than 30 m except for the shallow section (< 1500 m vertical depth below
ground level). Eighteen wells are part of both Dataset A and Dataset B (Table 1).

150

Table 1: Wellnames, well locations, dataset membership and coverage of considered data sources for complete density
profiles in percent.

Easting Northing Po DT Vine Shallow p,-model

Wellname [GK-Zone3] [GK-Zone3] Dataset %] (%] (%] [%]
Aitingen 1 3633108 5343026 A+B 72 17 7 4
Allershausen 1 3693032 5370061 B 0 0 72 28
Almertsham C3 3747589 5315874 A - - - -
Altensteig 1 3614191 5319589 A+B 19 67 11 3
Anzing 3 3710871 5336680 B 0 92 7 1
Arlesried 1 3601094 5329898 A - - - -
Attel 1 3732498 5323993 A+B 17 66 14 3
Balzhausen 1 3609710 5344235 B 0 48 45 7
Birnbach 5 3800774 5376767 A - - -

Bodenkirchen 1 3753875 5365979 A+B 39 39 20 2
Bonbruck 1 3750695 5368819 B 0 0 87 13
Brombach 1 3795599 5374319 A - - - -
Bromberg 1 3776038 5322287 A+B 21 67 10 2
Buch 1 3587080 5343460 B 0 0 84 16
Dietershofen 1 3586760 5346050 B 0 0 84 16
Doepshofen 1 3626512 5349133 B 0 0 76 24
Eggstaett C1 3755955 5315546 A - - - -
Eigelwald 1 3762453 5341158 B 0 89 6 5
Elbsee 1 3615871 5298328 B 0 0 95 5
Emmersdorf 1 3794880 5388036 A+B 73 23 3 1
Endlhausen 1 3693234 5314903 A+B 50 45 5 0
Erisried 1 3608609 5321614 B 0 76 18 6
Frickenhausen 1 3597410 5327330 B 0 59 31 10
Fuessing 1 3819610 5366465 B 0 0 88 12
Garching 1 3766720 5339770 A+B 28 63 7 2
Giftthal 1 3747313 5364083 B 0 78 13 9
Grucking 1 3721857 5361744 B 0 0 66 34
Haimhausen 2 3687679 5355705 B 0 36 42 22
Hebertshausen 1 3681210 5352544 A+B 44 49 4 3
Heimertingen 1 3585770 5321430 B 0 0 99 1
Hofolding 1 3702024 5320847 A+B 17 76 7 0
Irlach C1 3743720 5317263 A - - - -
Isen-Dogger 1 3733480 5347448 B 0 91 7 2
Jedesheim 1 3582140 5340380 B 0 0 63 37
Kaufbeuren 1 3633043 5308573 B 0 0 49 51
Kinsau 2 3643758 5309716 A+B 3 90 5 2
Kirchheim C1 3781222 5328779 A - - - -
Kirchisen 1 3759503 5356241 A - - - -
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We added that "Across all 41 wells, dataset A covers all stratigraphic units encountered above the top of the Upper Jurassic. However, not all wells of dataset A cover the full stratigraphic column from surface to Upper Jurassic."
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po- quality-controlled density data from density log; DT: sonic velocity data from sonic log; Vi, seismic interval velocity data from

vertical seismic profiles of checkshots; Shallow py,-model: shallow density model (equation 4)

In order to establish lithologically constrained velocity-density relationships and to generate and model vertical

stress gradient profiles, we follow a four-step workflow, which will be explained in more detail in the subsections

below:

1. Retrieving standardized lithological information and quality control of density data

2. Establishing lithologically constrained velocity-density relationships based on wellbores, along which

both density and sonic velocity have been measured

3. Generation of complete density profiles along wellbores which at least penetrated the Cenozoic basin fill

by splicing density data and density-transformed velocity data (using the velocity-density relationships

from step 2) with modelled densities in the shallow section; this step includes a homogenisation of litho-

stratigraphic information from cutting descriptions with density and sonic/seismic velocity data from

geophysical borehole logging

4. Integration of continuous density profiles from step 3 to calculate vertical stress gradient profiles and

establishing practical vertical stress gradient models as a function of true vertical depth below ground

level
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3.1 Lithological information and quality control of density data
3.1.1 Lithological information

170 Lithological information is required to constrain lithology-dependent velocity-density relationships and to use
these relationships to transform velocity to density where no measured density data was available. We grouped
lithological information from cutting descriptions of Mesozoic and Cenozoic sections of the analysed wells into
five main lithological units: coarse-grained clastics (gravel and conglomerates), carbonates (limestones,
dolostones), sandstones (clean, marly or clayey calcareous and siliciclastic sandstones and siltstones), marls (clean,

175 silty or sandy marls) and shales (clean, silty or marly clays and claystones). Other lithologies, such as coal, have
only been recorded in accessory amounts and are neglected in our study.

Two deep wells in the southwest of the study area, Heimertingen 1 and Legau 1, only have little or no lithological
information from cutting descriptions or core samples. However, both wells are important for geographic coverage
of the study area, and we generated average synthetic lithological columns based on the information of the

180 immediate offset wells.

3.1.2 Quality control of density data

Density data in the NAFB is often impeded by borehole breakouts and washouts (cf. Reinecker et al., 2010). Since
the density tool requires physical contact with the borehole wall, the quality of density data is challenged in these
intervals. To exclude sections of questionable quality from the density dataset, we use two quality measures:
185 1. The ratio between the actual borehole diameter from the caliper log and the used drill bit size is not
allowed to exceed a critical value of 1.10
2. The bulk density correction value DRHO, which is an indicator of the quality of the measurement at each
data point, has to be lower than 0.05
These strict cut-off values delimit the amount of utilized density-sonic data pairs by 51 % but simultaneously

190 ensure reproducible data quality.

3.2 Lithologically constrained velocity-density relationships

We establish lithologically differentiated velocity-density relationships by fitting Gardner’s relationship (Gardner
et al., 1974) to Dataset A:

195 p, = Ax (¥, «3281)"° (1)

Where py is the modelled density value in g/cm?, V), is the sonic or seismic interval velocity in m/s and 4 and B are
lithology-dependent constants, which, according to Gardner et al. (1974), provide a reasonable fit to mixed
lithology datasets, if 4 and B are set to 0.23 and 0.25, respectively. We fit equation 1 to our lithologically
200 differentiated Dataset A by changing 4 and B such that the sum of the squared differences between the calculated
and measured densities becomes minimal. For realistic ranges of density (1.5-3.0 g/cm®) and interval velocity

(1500-6000 m/s), 4 and B will result in value combinations which follow a logarithmic relationship (Fig. 3):

B=ax*In(4A)+b (2)
205
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Where a and b define the curvature of the relationship and the minimum value of B and typically takes values of
~-0.11 and ~0.08 for the mentioned parameter space, respectively (Fig. 4). Thereby, low A and high B
combinations refer to steep velocity-density relationships which are typical for softer, “compressible materials”.
In contrast, high 4 and low B combinations reflect sediments where density is not changing as fast with velocity,

210 which is typical for more competent or “incompressible materials” (cf. Gardner et al., 1974).

"Compressible"
« material

"Incompressible”
terial

Gardner B

Gardner mixed

0.0

0 0.1 0.2 0.3 0.4 0.5 0.8 0.7
Gardner A

Figure 3: Mathematically possible range for Gardner A and B (blue markers) for realistic densities (1.5-3.0 g/cm?®) and
velocities (1500-6000 m/s) with a step size of 100 m/s. The black dot marks the A-B combination for mixed lithologies
215 after Gardner et al. (1974).

3.3 Continuous density profiles

Along each well of Dataset B, we generate continuous density profiles, which cover the entire Cenozoic basin fill
and, if present, sediments of Cretaceous age. We generate a homogenised dataset with quality-controlled density
data, sonic and seismic interval velocity data and litho-stratigraphic information from cutting descriptions from
220 Dataset B. Since the cutting descriptions apply to larger intervals than the measured density and velocity data, we
defined a desired interval length of 2 m. Each interval must cover only a single stratigraphic and lithological
section, which might result in slight deviations from the desired 2-m-interval size.
The generation of continuous density profiles follows a hierarchical approach. Quality-controlled density logs are
the preferred data source. Gaps in the quality-controlled density logs are then primarily filled by transforming first
225 sonic velocity and second seismic interval velocity to density using Gardner’s relationship (Gardner et al., 1974;
equation 1) with lithologically constrained 4 and B parameters according to the main lithological unit of the depth
interval. The remaining gaps with intervals > 30 m, which are exclusively present in the shallow section (7VD <
1500 m), are filled with a lithology-dependent density model, which we fit to available shallow density data from
all wells. Finally, we apply a 30 m moving average window filter to the entire spliced density dataset to smooth

230 outliers and to close remaining data gaps.

3.3.1 Density from checkshots and vertical seismic profiles

In intervals where neither density nor sonic velocity data are available, seismic interval velocity from checkshots
or vertical seismic profiles is converted to density. However, intervals measured by vertical seismic profiles or
checkshots often cover several depth intervals with different main lithological units. Here, we estimate Gardner’s
235 A by calculating an average weighted by the thickness /v of each main lithological unit MLU covered by the

measured velocity interval dTVDVp:
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1
drvpy,

4 (drvpy,) YiZ3 sy, * Amy, ®

240 Where Ay, is Gardner’s A of the i main lithological unit MLU and the sum of all thicknesses of all main

lithological units is dTVDVp. Subsequently, Gardner’s B is derived by using Ay, y; in equation 2.

3.3.2 Shallow density profiles

Intervals without any measured log data over a length of more than 30 m only occur in shallow well sections. Since
these intervals are above the shallowest recorded top of overpressure of 1500 m (cf. Drews et al., 2018;

245 Shatyrbayeva et al., 2023), we model density p;, in these intervals as a function of true vertical depth below ground
level 7VD in m for each defined main lithological unit (Couzens-Schultz and Azbel, 2014):

Pb = Pmax — (pmax - Psurf) * exp (_ ¥) “

250 Where ppqy is the maximum density occurring above a 7VD <1500 m, pg,.s the average surface density and C a
compaction constant. We then fit equation 4 for each main lithological unit to density-depth pairs from all wells
with respective data above 1500 m and an interval size of 1 m by adjusting ppay, Psurs @and C and by minimizing

the sum of squared differences between the measured and modelled densities.
3.4 Vertical stress gradient profiles and models

255 3.4.1 Integration of density to vertical stress and calculation of vertical stress gradient profiles

Vertical stress S, in MPa at any true vertical depth below ground level 7VD in km is calculated by integrating the

weight of the overlying material:

S,(TvD) = [,"” p,(TVD) * g + dTVD (5)
260

Where g is the Earth’s gravitational acceleration at 9.81 m/s%.. We then calculate vertical stress gradients by

dividing S, by 7VD in km:

= Sv

VS, =5 (6)
265

Where VS, is the vertical stress gradient in MPa/km.

3.4.2 Vertical stress gradient modelling

We model the vertical stress gradient as a function of 77D using a power law relationship:

1
. TVD

270 vS; = s+ (") 7)

10
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Where VS, is the modelled vertical stress gradient at 7VD and VS is the starting vertical stress gradient close to
surface. a and f are fitting parameters which we determine by minimizing the sum of the squared differences

between actual and modelled vertical stress gradients.

275 4 Results and discussion
4.1 Velocity-density relationships for the main lithology units in the NAFB

The calibration of Gardner’s A4 and B (Gardner et al., 1974) to data pairs of quality-controlled density and sonic
velocity measurements of Dataset A results in distinct 4-B combinations for the investigated main lithological
units, which fall into the corridor of realistic velocity-density combinations (Fig. 4a). The correlation between A4
280 and B can be described by a logarithmic relationship (cf. Fig. 4 and equation 2), where for our Dataset A, a and b
of'equation 2 become -0.105 and 0.0966, respectively (Fig. 4a). Hereby, the established trendline plots at the upper
limit of possible 4-B combinations and slightly above Gardner’s mixed lithology combination of 4 = 0.25 and
B =0.23 (Fig. 4a), showing that density of the investigated main lithological units in the study area increases rather
fast with velocity. This observation might indicate that the investigated main lithological units are either generally
285 more compressible or that their compaction is additionally affected by mechanisms other than burial and vertical
loading. Compaction mechanisms other than burial have also been hypothesized by previous authors who
investigated the distribution of overpressure and stress in the NAFB (Drews and Duschl, 2022; Drews et al., 2020;
Lohr, 1969, 1978; Miiller and Nieberding, 1996; Shatyrbayeva et al., 2024).
In addition to the relationship between Gardner’s 4 and B parameters, our results also confirm that stiffer or rather
290 incompressible lithologies such as coarse-grained clastics (Fig. 5b) and carbonates (Fig. 5c) follow a less steep
(higher 4, lower B) velocity-density relationship when compared to marls (Fig. 5d), sandstones (Fig. S¢) and shales
(Fig. 5f), whose velocity-density relationships can be described with lower 4 and higher B values. The results also
indicate that marls and sandstones show very similar properties and velocity-density relationships.
It should be noted that the resolution of lithological information from cutting descriptions is typically > 5m, which
295 might result in the mixing of lithologies where the lithological variations are below this resolution. Thin-bedded
intercalations of sandstones and marls have been especially reported for late Oligocene and early Miocene
sediments in the western and central part of the study area (Kuhlemann and Kempf, 2002) and might explain the
similarity in our results between marls and sandstones. Also, it is important to understand that we assume that that
the grouped and investigated main lithological units are representative for the entire study area. However, the basin
300 fill of the NAFB is a result of different routing systems with variable mineralogical composition of the respective
sources (Kuhlemann and Kempf, 2002), which might explain the rather large uncertainty around the fitted velocity-
density relationships. Nevertheless, since we grouped several lithologies, we believe that our results represent valid
average relationships on a basin-scale. Also, due to lack of high-quality density data it was not possible to
investigate sub-regional variations.

305

11
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Figure 4: Lithologically calibrated velocity-density relations based on Gardner et al. (1974). a) Relationship between A-
B-parameters for the main lithological units. A-B-parameters were fitted to quality-controlled velocity-density-relations
for b) coarse-grained clastics, ¢) carbonates, d) marls, e) sandstones and f) shales.

310 4.2 Density profiles

Based on the established values for Gardner’s 4 and B parameters for the main lithological units of the SE German
part of the NAFB (cf. Fig. 4), sonic and seismic interval velocities have been transformed to density and spliced
with quality-controlled density data for each well of Dataset B. Remaining gaps with intervals > 30 m are
exclusively left in the shallow section (77D < 1500 m). To fill these gaps, we fitted equation 2 to shallow density
315 and transformed density (from sonic or seismic interval velocity) data from all wells for each main lithological
unit (Fig. 5a). The fitting values for the varied parameters pmax, psuy and C are listed in Table 2. In concordance
with the established velocity-density relationships (cf. Fig. 4) shales show the fastest compaction (highest
compressibility) and lowest surface density (Fig. 5a). Compaction in the shallow section is very similar for all
other main lithological units except for carbonates, which compact fast towards high densities close to grain

320 densities of carbonates (cf. Gardner et al., 1974).

Table 2: Shallow (<1500 m) density modelling parameters for the main lithological units.

Shallow density modelling Coarse—g.ramed Carbonat P Marls Shales
parameter clastics
Maximum density p.. [g/cm?] 2.39 2.93 243 2.45 229
Surface density py.,s[g/cm?] 222 2.16 2.07 2.14 1.80
Compaction coefficient C 246.59 1542.50 405.40 504.76 272.10

Complete density profiles after splicing quality-controlled density data, densities transformed from sonic and
325 seismic interval velocities and the shallow density model show reasonable alignment between the different data
sources (Fig. 5a and b). The largest deviations are observed towards higher densities from transformed vertical
seismic profiles and checkshots (cf. elevated densities from seismic interval velocities at 400 m and 500 m in Fig.
Sa and b, respectively), which could be due to mixing of several main lithological units within the measured
intervals or the typically lower acoustic wave frequency of these measurements, when compared to sonic velocity
330 measurements (cf. Zoback, 2007). Although we applied rather rigorous cutoffs for borehole enlargements and
density corrections to quality-controlled density data, obvious outliers remain (cf. negative spikes of density data
at 1070 m in Fig. 5b and between 1400 m and 1750 m and at 4100 m in Fig. 5¢). However, for subsequent vertical
12
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stress integration a moving average window of 30m was applied to remove these outliers and to close remaining
gaps with intervals <30 m (black lines in Fig. 5a and b), resulting in realistic and complete average density profiles.

a) Density [g/lem?] ) Density [g/em?] ) Density [glcm?]
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335

Figure 5: Density profiles. a) Shallow density profiles for each main lithological unit (lines) fitted to quality-controlled
and transformed density data from all wells with available data. b) Example of a spliced and averaged density profile
for the shallow Lauterbach 1 well in the north-western part of the study area (LAU in Fig. 1a). ¢) Example of a spliced
and averaged density profile for the deep Bromberg 1 well in the south-eastern part of the study area (BRO in Fig. 1a).

340 The pie chart insets of b) and c¢) indicate the coverage by quality-controlled density data (blue), density-transformed
sonic velocity (orange) and seismic interval velocity from vertical seismic profiles (VSP) or checkshots (gray) and the
shallow density model (yellow).

4.3 Vertical stress gradient distribution in the NAFB

Vertical stress gradients were calculated after integrating the complete density profiles at each well location of
345 Dataset B to vertical stress. Vertical stress gradients are decreasing from west to east, which is in concordance
with previous investigations of vertical stress gradients along the North Alpine Thrust Front (Drews and Duschl,
2022). While this trend is less pronounced at shallower depths (Fig. 6a), wells in the western part of the study area
display vertical stress gradients which are up to 1.5 MPa/km higher when compared to wells located in the east of
the study area at greater depths (Fig. 6b and Fig. 6¢). At 3 km true vertical depth below ground level, this gradient
350 difference can cumulate to absolute vertical stress magnitude differences of 4.5 MPa. Note that since the NAFB is
deepening from north to south in the study area, less wells become available with each horizontal slice through the
vertical stress gradient distribution.
While the increase of vertical stress gradients with depth simply reflects increasing compaction and with it the loss
of porosity and an increase of density (cf. Allen and Allen, 2013), the reasons for the eastward decrease of vertical
355 stress gradients are more complex. First, the lithological composition of sediments of Lower Oligocene (Rupelian)
to Lower Miocene (Aquitanian) age is significantly changing from west to east in the study area: coarser grained
terrestrial material was deposited in two regressions in the western part, while a marine setting prevailed in the
eastern part of the study area, resulting in the deposition of fine-grained sediments. The central part was subject to
a transitional depositional environment during that time (Kuhlemann and Kempf, 2002). Shales, which are typical
360 deposits from a marine environment, display the lowest densities in our study area, which could be a significant

factor for lower vertical stress gradients in the eastern part of the study area (cf. Fig. 4). The abundance of shales
13
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in the eastern part of the study area compared to the western part is also pronounced by the presence of Upper
Cretaceous shales, which are missing due to erosion in the western part (Bachmann et al., 1987). The presence of
shales, also fostered the development of significant pore fluid overpressure in the eastern part of the study area
365 (Drews et al., 2018). Here, the main postulated mechanism for overpressure formation is disequilibrium
compaction, which results in abnormally high porosity and possibly low density in the overpressured zone. The
overpressured section can be up to 2 km in thickness in the eastern part of the study area (Drews et al., 2018;
Drews and Duschl, 2022) and disequilibrium compaction could therefore be a main factor for reduced vertical
stress gradients in the area. In addition, the western part is also subject to higher horizontal strain rates, which is
370 reflected by the decreased N-S extent of the NAFB and a more pronounced deformation front (Folded Molasse)
along the North Alpine Thrust Front in this area (Ortner et al., 2015; Drews and Duschl, 2022). Elevated horizontal
strain combined with lower pore pressures and higher permeability of the basin fill would also foster sediment
compaction and therefore favor lower porosities, higher densities and finally higher vertical stress gradients.
We also show the distribution of vertical stress gradients at the top of the Upper Jurassic (Fig. 6d), which is an
375 important thermal aquifer for deep geothermal energy utilization in the NAFB (Flechtner and Aubele, 2019; Schulz
et al., 2017). In addition to the aforementioned eastward reduction, also an apparent southward increase in vertical
stress gradients can be observed, reflecting the southward dip and associated increasing depth of the Upper Jurassic
in the study area. Our results highlight the importance of careful vertical stress gradient estimation for
geomechanical studies of the Upper Jurassic aquifer, e.g. to mitigate the risk of induced seismicity (Megies and
380 Wassermann, 2014): depending on the location of a deep geothermal energy project, vertical stress gradients can
differ by up to 3 MPa/km at the top of the Upper Jurassic. Utilization of a simplified and constant vertical stress

gradient (e.g. 23 MPa/km) is therefore not recommended to accurately plan safe geothermal production.

14
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Figure 6: Distribution of vertical stress gradients in MPa/km in the North Alpine Foreland Basin. Vertical stress
gradient distribution at a true vertical depth below ground level a) TVD = 1000 m, b) TVD = 2000 m, ¢) TVD = 3000 m
d) Vertical stress gradient distribution at the top of Uppegssic carbonates. The N-S trending dashed black lines

In order to provide practical vertical stress gradient models for the SE German part of the NAFB, we model vertical
stress gradients as a function of 7VD and geographical easting. Thereby, we divide the study area into a western,
central and eastern subdivision (Fig. 6) to account for the lithological variations in the Cenozoic section and their
impact on compaction (Bachmann and Miiller, 1992; Bachmann et al., 1987; Kuhlemann and Kempf, 2002) (cf.
Fig. 2). We calculate the arithmetic mean of vertical stress gradients of all wellbores of Dataset B within these
three subdivisions using a 500 m step size with a tolerance of +/- 2 m. We restrict the calculation of the average to
a maximum depth of 77D = 3500 m, because only very few wells drilled into greater depths, and to avoid bias
towards single wells. Fig. 7a shows the three resulting vertical stress gradient models (cf. equation 7) fitted to the

mean vertical stress gradients in the western, central and eastern parts. Both the mean vertical stress gradients and

385
divide the study area in a western, central and eastern par
4.4 Vertical stress gradient modelling
390
395
fitted models capture the eastward decrease of vertical stress gradients in the study area.
400

Due to its relevance for deep geothermal energy production in the NAFB, we also established vertical stress
gradient models for the top of the Upper Jurassic (Fig. 7b) using equation 7. Likewise, both the vertical stress
gradients established through density integration and modelling reflect the eastward decrease of vertical stress
gradients and provide a simple tool to more accurately estimate vertical stress for future geomechanical studies,

e.g. to mitigate the risk of induced seismicity due to fluid injection.
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Figure 7: Vertical stress gradients from Dataset B as a function of true vertical depth below ground level TVD. a)
Average and modelled vertical stress gradients in the western, central and eastern part of the study area (cf. Fig. 6).
Average vertical stress gradients reflect the arithmetic mean from all wells in the western, central and eastern part of
the study area at 14 depths and with a step size of 500 +/- 2 m. b) Well-based and modelled vertical stress gradients in
410 the western, central and eastern part of the study area at the top of the Upper Jurassic.
The fitting parameters o and f along with the coefficient of determination for both the average vertical stress
gradient models and the top Upper Jurassic vertical stress gradient models are listed in Table 3. For all models the
starting vertical stress gradient close to the surface VS? was set to 21 MPa/km.
415

Table 3: Parameters to model vertical stress gradients for Dataset B.

Vertical stress gradient model Vs B R?
[MPa/km]

Average (entire study area) 381 1.91 0.99

Average (West) 325 1.80 0.98

Average (Central) 410 1.93 0.99

Average (East) 21.0 531 1.95 1.00

Top Upper Jurassic (West) 451 1.64 0.91

Top Upper Jurassic (Central) 449 1.91 0.96

Top Upper Jurassic (East) 706 1.66 0.89

VS9, a and f: vertical stress gradient close to the surface and fitting parameters (equation 7);

R?: coefficient of determination
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420 5 Conclusions

Based on Gardner’s relationship, we established regional velocity-density relationships for the main lithological
units of the North Alpine Foreland Basin in SE Germany. We used these relationships to generate complete density
profiles along 55 wells, which at least penetrated the entire Cenozoic section to integrate vertical stress and to
calculate vertical stress gradients. Thereby, the following observations were made:
425 e Density data is often impeded by washouts and/or breakouts and has to be rigorously quality-controlled
e Velocity-density relationships differ for the main lithological units, but can be approximated by
modifying the 4 and B parameters of Gardner’s relationship
e (Calibrated 4 and B parameters of Gardner’s relationship for each main lithological unit follow a logical
sequence on a logarithmic relationship: more compressible rocks such as shales and marls display a
430 steeper velocity-density relationship with lower 4 and higher B values, while the opposite is the case for
less compressible rocks such as carbonates and coarse-grained clastics
e  Vertical stress gradients decrease from west to east in the SE German part of the North Alpine Foreland
Basin, correlating well with lithological variations, overpressure and tectonics
In addition, we provided applicable vertical stress gradient models for the western, central and eastern parts of the
435 study area, which can be used to either calculate vertical stress profiles in these parts or vertical stress gradients at
the top of Upper Jurassic cEates, which pose an important aquifer for deep geothermal energy production. Our
results, therefore, provide a useful resource for future geophysical, geomechanical and geological studies in the

North Alpine Foreland Basin, which require velocity-density relationships and an estimate of vertical stress.
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Abstract. We systematically analysed density and velocity data from 41 boreholes to establish velocity-density
relationships for the main lithological units in the North Alpine Foreland Basin in SE Germany. We applied these
relationships to velocity data and spliced the resulting density values with actual density data and a shallow density

10 model to retrieve complete density profiles along 55 deep wellbores, which at least penetrated the Cenozoic section

need to in the study area. We integrated density profiles to vertical stress to investigate the spatial distribution of vertical

hasize stress gradients. Thereby, we observed an eastward decrease of vertical stress gradients, which correlates well with
more on the the geological configuration of the North Alpine Foreland Basin in SE Germany. Thereby, vertical stress gradient
reason why

. . . profiles can be reasonably estimated as a function of true vertical depth below ground level 77D in the western,
Investigating

stress gradient 15 central, and eastern parts of the study area using a power law relationship:

migth be of
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In addition, we also investigated the distribution of vertical stress gradients at the top of Upper Jurassic carbonates,
an important aquifer for deep geothermal energy production. Our study, therefore, provides a valuable resource
for future geophysical, geomechanical, and geological studies in the North Alpine Foreland Basin, both in a
fundamental and applied research context.
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1 Introduction

Knowledge of the stress field in the Earth’s crust is a key prerequisite to understand geological processes and to
mitigate risks associated with the economic usage of the subsurface (Allen and Allen, 2013; Zoback, 2007).
Hereby, vertical stress is often assumed to be one of the principal stresses of the stress tensor and the first stress to
be estimated since its magnitude at any depth largely depends on the weight of the overlying material (Zoback,
2007). The weight of the overlying sediments can be estimated if the density of the material is known. Density in
the subsurface can be determined along boreholes by measuring the energy loss between a gamma ray source and
a detector (Asquith and Krygowski, 2004). The density of rocks thereby averages the density of the grains or
matrix of the rock and the fluid stored in its pore space and is, therefore, directly related to the rock’s porosity
(Asquith and Krygowski, 2004). Acoustic wave velocity through rocks or its inverse, the acoustic slowness,
correlates well with density and porosity of different rock types. Several authors have investigated this correlation
and established relationships that are widely used in geophysics and rock physics applications (e.g. Gardner et al.,
1974; Raiga-Clemenceau et al., 1986; Wyllie et al., 1956). In sedimentary basins, the density typically increases
with depth due to compaction (Allen and Allen, 2013), which also impacts the increased rate of vertical stress with
vertical depth below ground level, also known as vertical stress gradient. The intensification of compaction
typically is highest at shallow depth before it converges towards grain or matrix densities of the buried sediments
at greater depths. This reduction of porosity or increase of density with increasing depth has been previously
described by exponential or logarithmic functions for sedimentary rocks (e.g. Athy, 1930; Sclater and Christie,
1980; Yang and Aplin, 2004; Couzens-Schultz and Azbel, 2014).

In this study, we investigate velocity-density relationships of main lithological units and the distribution of vertical
stress gradients in the SE German part of the North Alpine Foreland Basin. To do this, we first correlate - depending
on the lithological composition - acoustic velocities from high-resolution sonic logs with quality-controlled density
logs from 41 wells by modifying Gardner’s relationship (Gardner et al., 1974). We use these lithologically
constrained velocity-density relationships to create density profiles in 55 boreholes with velocity data and
lithological information that have at least penetrated the entire Cenozoic basin fill. We complement these profiles
with a shallow density model calibrated to density and density-transformed velocity data using an exponential
density-depth relationship (Couzens-Schultz and Azbel, 2014). In a third step, these density profiles are integrated
into vertical stress to acquire vertical stress gradient profiles at each of the 55 drilling locations. In addition, we
derive geographically constrained vertical stress gradient models as a function of true vertical depth below ground
level using a power law relationship to provide a practical tool for future vertical stress modelling. The resulting
distribution of vertical stress gradients is shown on maps and placed into context with the geological conditions

and deep geothermal energy use in the North Alpine Foreland Basin in SE Germany.

2 The North Alpine Foreland Basin in SE Germany

The North Alpine Foreland Basin (NAFB) is located in Central Europe and extends from Lake Geneva in the West
to Upper Austria in the East (Kuhlemann and Kempf, 2002). Our study area encompasses the SE German
(Bavarian) part of the NAFB. Here, the NAFB deepens towards the North Alpine Thrust Front (Fig. 1a), which
separates the undeformed foreland part (Foreland Molasse) from the deformed part (Folded Molasse) and the
Northern Alps (Fig. 1b). In front of the North Alpine Thrust Front, the Cenozoic basin fill of the NAFB reaches
thicknesses of up to 5 km (Bachmann and Miiller, 1992; Bachmann et al., 1987; Lemcke, 1973; Pfiffner, 1986).
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65 This asymmetric wedge shape (Fig. 1b) was generated by the flexural subsidence of the European plate in
consequence of the continental convergence of the African and European plates and is filled with Cenozoic
molasse sediments (Bachmann and Miiller, 1996; Bachmann et al., 1987; Pfiffner, 1986) (Fig. 2). The lateral extent
of the Folded Molasse, which is largest in the western part of the study area, reflects the clockwise rotation of the
North Alpine Thrust Front during late Oligocene — early Miocene and an associated westward increase of strain

70 (Ortner et al., 2015). Below the basin fill, Mesozoic passive margin sediments and Variscan crystalline basement
rocks can be found (Bachmann et al., 1987).

While Upper Jurassic deposits are present in the entire study area, Lower Cretaceous, Upper Cretaceous and
Eocene sediments are missing in the Western part, with a SE-NW increasing erosion (Bachmann et al., 1987). The
sedimentary succession of the Cenozoic can be attributed to two transgressive-regressive megacycles, both of

75 which are defined by an eastward marine regression changing the depositional environment from a marine to a
terrestrial setting (Fig. 2). Consequently, terrestrial sediments (sandstones) are dominating in the western part
while marine sediments (shales and marls) prevail in the eastern part of the NAFB in SE Germany (Bachmann and
Miiller, 1996; Bachmann and Miiller, 1992; Bachmann et al., 1987; Kuhlemann and Kempf, 2002). Since
Late/Middle Miocene, sand and coarse-grained clastics were deposited (Kuhlemann and Kempf, 2002) (Fig. 2).

80 The NAFB in SE Germany has been extensively explored by the oil and gas industry in 1950-1980s (Bachmann
et al., 1981; Lemcke, 1979) and more recently for deep geothermal energy extraction (Flechtner and Aubele, 2019;
Schulz et al., 2017). Hereby, knowledge of stress magnitudes is critical to mitigate drilling and production risks
such as wellbore instabilities and induced seismicity, in particular for deep geothermal energy drilling and
production (Drews et al., 2022; Megies and Wassermann, 2014). Overall, more than 900 deep wells have been

85 drilled in the SE German part of the NAFB and along many of them density, sonic and/or seismic interval velocities
were measured, but only became publicly accessible recently (Gromann et al., 2024). As a consequence, stress
magnitudes and even the stress regime of the NAFB are subject to controversy in the scientific community. While
this controversy mostly addresses the magnitudes of horizontal stresses (Budach et al., 2018; Drews and Duschl,
2022; Drews et al., 2019; Seithel et al., 2015; Von Hartmann et al., 2016; Ziegler and Heidbach, 2020), the actually

90 much easier vertical stress estimation has only been addressed and investigated by a few studies so far. Thereby,
most studies estimated vertical stress as a necessary requirement to investigate other geomechanical phenomena.
While some studies assumed a constant vertical stress gradient (Seithel et al., 2015) or average density values per
stratigraphy (Budach et al., 2018) published from other areas of the NAFB (Leu et al., 2006), others introduced
compaction dependent vertical stress estimates (Drews et al., 2018; Drews and Duschl, 2022; Drews et al., 2020;

95 Drews et al., 2019). Regional studies utilize numerical modelling to estimate vertical stress (Ahlers et al., 2021;
Abhlers et al., 2022; Ziegler and Heidbach, 2020; Ziegler et al., 2016), but are subject to large uncertainties due to

data limitations.
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Figure 1: Location and overview of the study area and used well datasets. a) Study area (red outline) and used well
locations for the calibration of the velocity-density transform (Dataset A with black markers) and for the generation of
vertical stress gradient profiles (Dataset B with orange markers). The Lauterbach 1 (LAU) and Bromberg 1 (BRO)
wells are highlighted to showcase density profiles in Fig. 5b and c. The inset in the upper left corner shows an overview
map of the North Alpine Foreland Basin after Kuhlemann and Kempf (2002) and the area of interest (red box). b)
Cross-section (black line in Fig. 1a) showing the asymmetric basin geometry from north to south (after Reinecker et al.,
2010).

Only very few studies incorporated density and velocity data to analyse compaction or stress in the NAFB (Drews
et al., 2018; Drews and Duschl, 2022; Drews et al., 2020; Drews et al., 2019; Lohr, 1969, 1978). Lohr (1969) and
Lohr (1978) found that seismic velocities in the NAFB increase towards the South and West and attributed this
effect to a general increase of stress magnitudes. Drews et al. (2018) and Drews et al. (2019) fitted an Athy-type
porosity decay function (Athy, 1930) modified for vertical effective stress to an average density profile based on
density and velocity data from a few wells to integrate vertical stress profiles. They also found that Gardner’s
average velocity-density relationship (Gardner et al., 1974) reasonably captures the velocity-density correlation of
sediments in the NAFB in SE Germany, but only presented a model, which reflects the average density profile

along the investigated wells. Drews and Duschl (2022) used the same Athy-type porosity decay function to model
4
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vertical stress in 18 deep wells distributed along both sides of the North Alpine Thrust Front. They found that
vertical stress gradients are mainly increasing towards the North Alpine Thrust Front and southward of it, and, in
a less pronounced fashion, also from East to West. Drews and Duschl (2022) interpreted the southward increase
as a result of increased horizontal compaction towards the Alps and the eastward decrease to reflect changes in

lithological composition and undercompaction due to overpressure presence.
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Figure 2: Chronostratigraphic chart of the North Alpine Foreland Basin in SE Germany modified from Drews et al.
(2018) after Kuhlemann and Kempf (2002) and Bachmann and Miiller (1992).

Overpressure in the NAFB is present due to high sedimentation rates during Late Oligocene and Early Miocene
times (Drews et al., 2018; Zweigel, 1998) and can be found in Oligocene and Upper Cretaceous sediments (Drews
et al., 2018; Miiller and Nieberding, 1996; Miiller et al., 1988), which is reflected by low interval velocities and
electrical resistivities (Drews et al., 2018; Drews and Duschl, 2022; Rizzi, 1973; Shatyrbayeva et al., 2024). Since
disequilibrium compaction is believed to be the main overpressure mechanism (Drews et al., 2018; Drews et al.,
2020), the presence of overpressure possibly impacts density and, thus, vertical stress. Overpressure appears in the
south and south-eastern parts of the study area and roughly follows the distribution of Upper Cretaceous shales,
which are missing in the north-western part of the study area (Drews et al., 2018; Shatyrbayeva et al., 2023;
Shatyrbayeva et al., 2024). The top of overpressure is usually tied to the top of Oligocene shales and is not found
at depths above 1500 m below ground level (Drews et al., 2018; Shatyrbayeva et al., 2023). In contrast, Lower
Cretaceous and Upper Jurassic carbonates roughly follow the hydraulic head of the Danube River in the North
over geological timescales and are underpressured (Lemcke, 1976), which results in a sharp pressure regression if

the overburden is overpressured (cf. Drews et al., 2022).
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3 Data and methods

In total, the dataset comprises of 78 deep oil and gas wells drilled in the North Alpine Foreland in SE Germany
(cf. Gromann et al., 2024 for a detailed description of the data sources). We split the dataset into two subsets to
140 a) establish lithologically constrained velocity-density relationships (Dataset A) and to b) use these relationships
to generate and model continuous density and vertical stress profiles along deep wells in the NAFB in SE Germany
(Dataset B) (Fig. 1a and Table 1). Dataset A contains 41 wells with overlapping sonic velocity and density data
from geophysical borehole measurements and lithological information from cutting descriptions. Dataset B
encompasses 55 wells which have at least penetrated the entire Cenozoic basin fill and which have either measured
145 density, sonic velocity or seismic interval velocity in addition to lithological information from cutting descriptions.
Seismic interval velocities are derived from vertical seismic profiles and checkshots. Information on stratigraphic
tops and cutting descriptions are extracted from geological end of well reports. In addition, wells of Dataset B are
not allowed to have data gaps larger than 30 m except for the shallow section (< 1500 m vertical depth below

ground level). Eighteen wells are part of both Dataset A and Dataset B (Table 1).

150
Table 1: Wellnames, well locations, dataset membership and coverage of considered data sources for complete density
profiles in percent. ent of what???
.‘ Easting Northing Po DT Vine Shallow p,-model

Wellname [GK-Zone3] [GK-Zone3] Dataset %] (%] (%] [%]
Aitingen 1 3633108 5343026 A+B 72 17 7 4
Allershausen 1 3693032 5370061 B 0 0 72 28
Almertsham C3 3747589 5315874 A - - - -
Altensteig 1 3614191 5319589 A+B 19 67 11 3
Anzing 3 3710871 5336680 B 0 92 7 1
Arlesried 1 3601094 5329898 A - - - -
Attel 1 3732498 5323993 A+B 17 66 14 3
Balzhausen 1 3609710 5344235 B 0 48 45 7
Birnbach 5 3800774 5376767 A - - -

Bodenkirchen 1 3753875 5365979 A+B 39 39 20 2
Bonbruck 1 3750695 5368819 B 0 0 87 13
Brombach 1 3795599 5374319 A - - - -
Bromberg 1 3776038 5322287 A+B 21 67 10 2
Buch 1 3587080 5343460 B 0 0 84 16
Dietershofen 1 3586760 5346050 B 0 0 84 16
Doepshofen 1 3626512 5349133 B 0 0 76 24
Eggstaett C1 3755955 5315546 A - - - -
Eigelwald 1 3762453 5341158 B 0 89 6 5
Elbsee 1 3615871 5298328 B 0 0 95 5
Emmersdorf 1 3794880 5388036 A+B 73 23 3 1
Endlhausen 1 3693234 5314903 A+B 50 45 5 0
Erisried 1 3608609 5321614 B 0 76 18 6
Frickenhausen 1 3597410 5327330 B 0 59 31 10
Fuessing 1 3819610 5366465 B 0 0 88 12
Garching 1 3766720 5339770 A+B 28 63 7 2
Giftthal 1 3747313 5364083 B 0 78 13 9
Grucking 1 3721857 5361744 B 0 0 66 34
Haimhausen 2 3687679 5355705 B 0 36 42 22
Hebertshausen 1 3681210 5352544 A+B 44 49 4 3
Heimertingen 1 3585770 5321430 B 0 0 99 1
Hofolding 1 3702024 5320847 A+B 17 76 7 0
Irlach C1 3743720 5317263 A - - - -
Isen-Dogger 1 3733480 5347448 B 0 91 7 2
Jedesheim 1 3582140 5340380 B 0 0 63 37
Kaufbeuren 1 3633043 5308573 B 0 0 49 51
Kinsau 2 3643758 5309716 A+B 3 90 5 2
Kirchheim C1 3781222 5328779 A - - - -
Kirchisen 1 3759503 5356241 A - - - -
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Klosterbeuren 1
Lauterbach 1
Legau 1
Mattenhofen 1
Mering 1
Mittelstetten 1
Moosburg 1
Muenchsdorf 1
Oberrieden 1
Opfenbach 1
Pfarrkirchen 1
Pierling Al

Pless 2

Poering 1
Reichertshausen 1
Rettenbach C1
Rieden 3
Rimsting C1
Scherstetten 1
Schmidhausen A2
Schnaitsee 7
Schongau 1
Schwabegg 1
Schwabmuenchen 1
Seeham C1
Soehl 1
StLeonhard C1
Tacherting 1
Teisenham 1
Teising 1
Trostberg Al
Unterbrunn 1
Unterkammlach 1
Utting 2
Walchenberg 1
Weitermuehlel 1
Winzer 1
Wurmannsquick 1
Zaisertshofen 1
Zaissberg C4

3593930
3616090
3588180
3713917
3640312
3633449
3716841
3732941
3606340
3563310
3791305
3770615
3587430
3709405
3685237
3772592
3605344
3749730
3621332
3726856
3752143
3651010
3626859
3629287
3717215
3718770
3777709
3765537
3747561
3758436
3768410
3671892
3607030
3650760
3775455
3739183
3604690
3779989
3615464
3736126

5330640
5347049
5298680
5318622
5347661
5341164
5372652
5372432
5327840
5276740
5377281
5319752
5329040
5333378
5373265
5314865
5330686
5311951
5340584
5313867
5331016
5302504
5340150
5341453
5305624
5317643
5315529
5331338
5314926
5363071
5324674
5328896
5326190
5321594
5316870
5349822
5341805
5362316
5332448
5313742
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po- quality-controlled density data from density log; DT: sonic velocity data from sonic log; Vi, seismic interval velocity data from

vertical seismic profiles of checkshots; Shallow py,-model: shallow density model (equation 4)

In order to establish lithologically constrained velocity-density relationships and to generate and model vertical

stress gradient profiles, we follow a four-step workflow, which will be explained in more detail in the subsections

below:

1. Retrieving standardized lithological information and quality control of density data

2. Establishing lithologically constrained velocity-density relationships based on wellbores, along which

both density and sonic velocity have been measured

3. Generation of complete density profiles along wellbores which at least penetrated the Cenozoic basin fill

by splicing density data and density-transformed velocity data (using the velocity-density relationships

from step 2) with modelled densities in the shallow section; this step includes a homogenisation of litho-

stratigraphic information from cutting descriptions with density and sonic/seismic velocity data from

geophysical borehole logging

4. Integration of continuous density profiles from step 3 to calculate vertical stress gradient profiles and

establishing practical vertical stress gradient models as a function of true vertical depth below ground

level
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3.1 Lithological information and quality control of density data
3.1.1 Lithological information

Lithological information is required to constrain lithology-dependent velocity-density relationships and to use
these relationships to transform velocity to density where no measured density data was available. We grouped
lithological information from cutting descriptions of Mesozoic and Cenozoic sections of the analysed wells into
five main lithological units: coarse-grained clastics (gravel and conglomerates), carbonates (limestones,
dolostones), sandstones (clean, marly or clayey calcareous and siliciclastic sandstones and siltstones), marls (clean,
silty or sandy marls) and shales (clean, silty or marly clays and claystones). Other lithologies, such as coal, have
only been recorded in accessory amounts and are neglected in our study.

Two deep wells in the southwest of the study area, Heimertingen 1 and Legau 1, only have little or no lithological
information from cutting descriptions or core samples. However, both wells are important for geographic coverage
of the study area, and we generated average synthetic lithological columns based on the information of the

immediate offset wells.

3.1.2 Quality control of density data

Density data in the NAFB is often impeded by borehole breakouts and washouts (cf. Reinecker et al., 2010). Since
the density tool requires physical contact with the borehole wall, the quality of density data is challenged in these
intervals. To exclude sections of questionable quality from the density dataset, we use two quality measures:

1. The ratio between the actual borehole diameter from the calqﬁler log and the used drill bit size is not

allowed to exceed a critical value of 1.10 H ready hlg

endent on the boreholel condition)
2. The bulk density correction value DRHO, which is an indicator of the quality of the measurement at each

data point, has to be lower than 0.05
These strict cut-off values delimit the amount of utilized density-sonic data pairs by 51 % but simultaneously

ensure reproducible data quality.

3.2 Lithologically constrained velocity-density relationships

We establish lithologically differentiated velocity-density relationships by fitting Gardner’s relationship (Gardner
et al., 1974) to Dataset A:

pp = Ax (¥, +3.281)" (1)
H model?

Where py is the modelled density value in g/cm?, V), is the sonic or seismic al velocity in m/s and 4 and B are

lithology-dependent constants, which, according to Gardner et al. (1974), provide a reasonable fit to mixed

lithology datasets, if 4 and B are set to 0.23 and 0.25, respectively. We fit equation 1 to our lithologically

differentiated Dataset A by changing 4 and B such that the sum of the squared differences between the calculated

and measured densities becomes minimal. For realistic ranges of density (1.5-3.0 g/cm®) and interval velocity

(1500-6000 m/s), 4 and B will result in value combinations which follow a logarithmic relationship (Fig. 3):

B=axIn(4) +b Here any physical reason for that ? please explain why
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Where a and b define the curvature of the relationship and the minimum value of B and typically takes values of
~-0.11 and ~0.08 for the mentioned parameter space, respectively (Fig. 4). Thereby, low A and high B
combinations refer to steep velocity-density relationships which are typical for softer, “compressible materials”.
In contrast, high 4 and low B combinations reflect sediments where density is not changing as fast with velocity,

210 which is typical for more competent or “incompressible materials” (cf. Gardner et al., 1974).
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"Compressible"
- material
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0.0

0 0.1 0.2 0.3 0.4 0.5 0.8 0.7
Gardner A

Figure 3: Mathematically possible range for Gardner A and B (blue markers) for realistic densities (1.5-3.0 g/cm?®) and
velocities (1500-6000 m/s) with a step size of 100 m/s. The black dot marks the A-B combination for mixed lithologies
215 after Gardner et al. (1974).

3.3 Continuous density profiles dataset 1 and 2 to avoid confusion with parameters A and B

Along each well of Dataset B, we generate continuous density profiles, which cover the entire Cenozoic basin fill

and, if present, sediments of Cretaceous age. We generate a homogenised dataset with quality-controlled density

data, sonic and seismic interval velocity data and litho-stratigraphic information from cutting descriptions from

220 Dataset B. Since the cutting descriptions apply to larger intervals than the measured density and velocity data, we

2 meters ?7? defined a desired interval length of 2 m. Each interval must cover only a single stratigraphic and lithological

ﬁ section, which might result in slight deviations from the desired 2-m-interval size.

The generation of continuous density profiles follows a hierarchical approach. Quality-controlled density logs are

the preferred data source. Gaps in the quality-controlled density logs are then primarily filled by transforming first

225 sonic velocity and second seismic interval velocity to density using Gardner’s relationship (Gardner et al., 1974;

equation 1) with lithologically constrained 4 and B parameters according to the main lithological unit of the depth

interval. The remaining gaps with intervals > 30 m, which are exclusively present in the shallow section (7VD <

1500 m), are filled with a lithology-dependent density model, which we fit to available shallow density data from

all wells. Finally, we apply a 30 m moving average window filter to the entire spliced density dataset to smooth

230 outliers and to close remaining data gaps.

3.3.1 Density from checkshots and vertical seismic profiles

In intervals where neither density nor sonic velocity data are available, seismic interval velocity from checkshots
or vertical seismic profiles is converted to density. However, intervals measured by vertical seismic profiles or
checkshots often cover several depth intervals with different main lithological unit ¢, we estimate Gardner’s
235 A by calculating an average weighted by the thickness /v of each main lithological unit MLU covered by the

measured velocity interval dTVDVp:
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purpose of this eq. 3 is very not clear. how do you discriminate main lithological units? you should
uss the variation of compaction trend expect for different type of material.

What are the uncertainties on all those parameters?

240

245

250

255

260

265

270

1
drvby,

4 (drvpy,) YiZ3 sy, * Amy, ®

Where Ay, is Gardner’s A of the i main lithological unit MLU and the sum of all thicknesses of all main

lithological units is dTVDVp. Subsequently, Gardner’s B is derived by using Ay, y; in equation 2. ﬁt abouta and bin e q 22

3.3.2 Shallow density profiles

Intervals without any measured log data over a length of more than 30 m only occur in shallow well sections. Since

these intervals are above the shallowest recorded top of overpressure of 1500 m (cf. Drews et al., 2018;

Shatyrbayeva et al., 2023), we model density pj, in these intervals as a function of true vertical depth below ground

level TVD in m for each defined main lithological unit (Couzens-Schultz and Azbel, 2014):

EA looks like Athy's law (with density instead of porosity). | was
ggling to understand the physics of this equation, but it looks

like you are substracting the porosity at TvH- porosity at surface.
Is it correct? You should explain in more details what you are doing

Where ppqy is the maximum density occurring above a 7VD <1500 m, pg,,; the average surface density and C a

Pb = Pmax — (pmax - psurf) * exp (— %)

compaction constant. We then fit equation 4 for each main lithological unit to density-depth pairs from all wells

with respective data above 1500 m and an interval size of 1 m by adjusting ppay, Psurs @and C and by minimizing

the sum of squared differences between the measured and modelled densities. Hg what a|gorithm?
3.4 Vertical stress gradient profiles and models

3.4.1 Integration of density to vertical stress and calculation of vertical stress gradient profiles

Vertical stress S, in MPa at any true vertical depth below ground level 7VD in km is calculated by integrating the
weight of the overlying material:
D is very confusing. You used dTVD for an interval (eq. 3), and

s,(TVD) = fOTVD pp(TVD) * g * dTVD it's a differential ? Please improve your equgtions and notations.

Where g is the Earth’s gravitational acceleration at 9.81 m/s%.. We then calculate vertical stress gradients by
dividing S, by 7VD in km:

VS, = % (6)

Where VS, is the vertical stress gradient in MPa/km.

3.4.2 Vertical stress gradient modelling

We model the vertical stress gradient as a function of 77D using a power law relationship:

1

VS: = VS0 + (%)E (7)

have to justify why you use a power law relationship here. What is the implications in terms of compaction /
ics that you can fit your data with a power law rather than a linear model
10


what about a and b in eq 2?

the purpose of this eq. 3 is very not clear. how do you discriminate main lithological units? you should discuss the variation of compaction trend expect for different type of material.

What are the uncertainties on all those parameters? 

using what algorithm?

Highlight

Highlight

eq. 4 looks like Athy's law (with density instead of porosity). I was struggling to understand the physics of this equation, but it looks like you are substracting the porosity at TVD - porosity at surface. Is it correct? You should explain in more details what you are doing

d TVD is very confusing. You used dTVD for an interval (eq. 3), and now it's a differential ? Please improve your equations and notations.

You have to justify why you use a power law relationship here. What is the implications in terms of compaction / physics that you can fit your data with a power law rather than a linear model

M D
Notiz
We cannot really follow this comment. The lithological units have been discriminated using cutting descriptions as explained in section 3.1.1. We use eq 3 to model Gardner's A where only interval velocity data from checkshots or VSPs are available. Here averaging the lithological composition is necessary, because the resolution of cutting description can be higher. We believe that this is sufficiently explained in the text.

M D
Notiz
a and b are only fitted once to model the relationship between Gardner's B and Gardner's A.

M D
Notiz
It is equivalent to Athy's porosity decay function adjusted for density data. We added a short note, that this is an "Athy-type compaction function adjusted for density increase with increasing depth"

M D
Notiz
same as above: we iteratively minimize the sum of squared differences with a constraint precision of 0.000001. (added to text).

M D
Notiz
We changed this to:
Vertical stress Sv in MPa at any true vertical depth below ground level TVD in km is calculated by using the average weight of the overlying material: 

 Sv(TVD) = rhob_av*g*TVD	(5)

Where rhob_av  is the average bulk density of the overlying material and g is the Earth’s gravitational acceleration at 9.81 m/s².

M D
Notiz
Ok.
We added: Since we expect bulk density to increase with depth due to increasing sediment compaction, we model the vertical stress gradient [...]
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Where VS, is the modelled vertical stress gradient at 7VD and VS is the starting vertical stress gradient close to
surface. a and f are fitting parameters which we determine by minimizing the sum of the squared differences

between actual and modelled vertical stress gradients.

275 4 Results and discussion
4.1 Velocity-density relationships for the main lithology units in the NAFB

The calibration of Gardner’s A4 and B (Gardner et al., 1974) to data pairs of quality-controlled density and sonic
velocity measurements of Dataset A results in distinct 4-B combinations for the investigated main lithological
units, which fall into the corridor of realistic velocity-density combinations (Fig. 4a). The correlation between A4
280 and B can be described by a logarithmic relationship (cf. Fig. 4 and equation 2), where for our Dataset A, a and b
of'equation 2 become -0.105 and 0.0966, respectively (Fig. 4a). Hereby, the established trendline plots at the upper
limit of possible 4-B combinations and slightly above Gardner’s mixed lithology combination of 4 = 0.25 and

B =0.23 (Fig. 4a), showing that density of the investigated main lithological units in the study area increases rather

about stress

fast with velocity. This observation might indicate that the investigated main lithological units are either generally t
ﬁ ? cementation ?

285 more compressible or that their compaction is additionally affected by mechanisms other than burial and vertical
loading. Compaction mechanisms other than burial have also been hypothesized by previous authors who
investigated the distribution of overpressure and stress in the NAFB (Drews and Duschl, 2022; Drews et al., 2020;
Lohr, 1969, 1978; Miiller and Nieberding, 1996; Shatyrbayeva et al., 2024).

In addition to the relationship between Gardner’s 4 and B parameters, our results also confirm that stiffer or rather ic. more than

290 incompressible lithologies such as coarse-grained clastics (Fig. 5b) and carbonates (Fig. 5c) follow a less steep able.
(higher 4, lower B) velocity-density relationship when compared to marls (Fig. 5d), sandstones (Fig. S¢) and shales
(Fig. 5f), whose velocity-density relationships can be described with lower 4 and higher B values. The results also
indicate that marls and sandstones show very similar properties and velocity-density relationships.

It should be noted that the resolution of lithological information from cutting descriptions is typically > 5m, which

295 might result in the mixing of lithologies where the lithological variations are below this resolution. Thin-bedded
intercalations of sandstones and marls have been especially reported for late Oligocene and early Miocene
sediments in the western and central part of the study area (Kuhlemann and Kempf, 2002) and might explain the
similarity in our results between marls and sandstones. Also, it is important to understand that we assume that that
the grouped and investigated main lithological units are representative for the entire study area. However, the basin

300 fill of the NAFB is a result of different routing systems with variable mineralogical composition of the respective
sources (Kuhlemann and Kempf, 2002), which might explain the rather large uncertainty around the fitted velocity-
density relationships. Nevertheless, since we grouped several lithologies, we believe that our results represent valid
average relationships on a basin-scale. Also, due to lack of high-quality density data it was not possible to
investigate sub-regional variations.

305

11


what about stress path ? cementation ?

it is more than probable. 

M D
Notiz
we added a dedicated sub-section to discuss additional compaction and unloading mechanisms

M D
Notiz
see last comment
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Figure 4: Lithologically calibrated velocity-density relations based on Gardner et al. (1974). a) Relationship between A-
B-parameters for the main lithological units. A-B-parameters were fitted to quality-controlled velocity-density-relations
for b) coarse-grained clastics, ¢) carbonates, d) marls, e) sandstones and f) shales.

310 4.2 Density profiles

Based on the established values for Gardner’s 4 and B parameters for the main lithological units of the SE German
part of the NAFB (cf. Fig. 4), sonic and seismic interval velocities have been transformed to density and spliced
with quality-controlled density data for each well of Dataset B. Remaining gaps with intervals > 30 m are
exclusively left in the shallow section (77D < 1500 m). To fill these gaps, we fitted equation 2 to shallow density
315 and transformed density (from sonic or seismic interval velocity) data from all wells for each main lithological
unit (Fig. 5a). The fitting values for the varied parameters pma, psuy and C are listed in Table 2. In concordance
with the established velocity-density relationships (cf. Fig. 4) shales show the fastest compaction (highest
compressibility) and lowest surface density (Fig. 5a). Compaction in the shallow section is very similar for all
other main lithological units except for carbonates, which compact fast towards high densities close to grain

320 densities of carbonates (cf. Gardner et al., 1974).

Table 2: Shallow (<1500 m) density modelling parameters for the main lithological units.

Shallow density modelling Coarse—g.ramed Carbonat P Marls Shales
parameter clastics
Maximum density p.. [g/cm?] 2.39 2.93 243 2.45 229
Surface density py.,s[g/cm?] 222 2.16 2.07 2.14 1.80
Compaction coefficient C 246.59 1542.50 405.40 504.76 272.10

Complete density profiles after splicing quality-controlled density data, densities transformed from sonic and
325 seismic interval velocities and the shallow density model show reasonable alignment between the different data
sources (Fig. 5a and b). The largest deviations are observed towards higher densities from transformed vertical
seismic profiles and checkshots (cf. elevated densities from seismic interval velocities at 400 m and 500 m in Fig.
Sa and b, respectively), which could be due to mixing of several main lithological units within the measured
intervals or the typically lower acoustic wave frequency of these measurements, when compared to sonic velocity
330 measurements (cf. Zoback, 2007). Although we applied rather rigorous cutoffs for borehole enlargements and
density corrections to quality-controlled density data, obvious outliers remain (cf. negative spikes of density data
at 1070 m in Fig. 5b and between 1400 m and 1750 m and at 4100 m in Fig. 5¢). However, for subsequent vertical
12
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stress integration a moving average window of 30m was applied to remove these outliers and to close remaining
gaps with intervals <30 m (black lines in Fig. 5a and b), resulting in realistic and complete average density profiles.

a) Density [g/lem?] b) Density [g/em?] ) Density [glcm?]
18 19 2.0 21 22 23 24 25 26 27 19 2.0 21 22 23 24 25 26 27 28 29 1.9 20 21 22 23 24 25 26 2.7 28 29
0 0 ]

150 500

e data are 30 1000
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335

Figure 5: Density profiles. a) Shallow density profiles for each main lithological unit (lines) fitted to quality-controlled
and transformed density data from all wells with available data. b) Example of a spliced and averaged density profile
for the shallow Lauterbach 1 well in the north-western part of the study area (LAU in Fig. 1a). ¢) Example of a spliced
and averaged density profile for the deep Bromberg 1 well in the south-eastern part of the study area (BRO in Fig. 1a).

340 The pie chart insets of b) and c¢) indicate the coverage by quality-controlled density data (blue), density-transformed
sonic velocity (orange) and seismic interval velocity from vertical seismic profiles (VSP) or checkshots (gray) and the
shallow density model (yellow).

4.3 Vertical stress gradient distribution in the NAFB

Vertical stress gradients were calculated after integrating the complete density profiles at each well location of
345 Dataset B to vertical stress. Vertical stress gradients are decreasing from west to east, which is in concordance
with previous investigations of vertical stress gradients along the North Alpine Thrust Front (Drews and Duschl,
2022). While this trend is less pronounced at shallower depths (Fig. 6a), wells in the western part of the study area
display vertical stress gradients which are up to 1.5 MPa/km higher when compared to wells located in the east of
the study area at greater depths (Fig. 6b and Fig. 6¢). At 3 km true vertical depth below ground level, this gradient
350 difference can cumulate to absolute vertical stress magnitude differences of 4.5 MPa. Note that since the NAFB is
deepening from north to south in the study area, less wells become available with each horizontal slice through the
vertical stress gradient distribution.
While the increase of vertical stress gradients with depth simply reflects increasing compaction and with it the loss
of porosity and an increase of density (cf. Allen and Allen, 2013), the reasons for the eastward decrease of vertical
355 stress gradients are more complex. First, the lithological composition of sediments of Lower Oligocene (Rupelian)
to Lower Miocene (Aquitanian) age is significantly changing from west to east in the study area: coarser grained
terrestrial material was deposited in two regressions in the western part, while a marine setting prevailed in the
castern part of the study area, resulting in the deposition of fine-grained sediments. The central part was subject to
a transitional depositional environment during that time (Kuhlemann and Kempf, 2002). Shales, which are typical
360 deposits from a marine environment, display the lowest densities in our study area, which could be a significant

factor for lower vertical stress gradients in the eastern part of the study area (cf. Fig. 4). The abundance of shales
13


those data are very scattered
could you provided the statistics of the curve model?

M D
Notiz
we added R2 values to the figure caption.
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are talking about bulk density, so it migth not be because of overpressure but simply because of changes in
logies

5 in the eastern part of the study area compared to the western part is also pronounced by the presence of Upper

Cretaceous shales, which are missing due to erosion in the western part (Bachmann et al., 1987). The presence of

shales, also fostered the development of significant pore fluid overpressure in the eastern part of the study area

365 (Drews et al., 2018). Here, the main postulated mechanism for overpressure formation is disequilibrium

compaction, which results in abnormally high porosity and possibly low density in the overpressured zone. The

overpressured section can be up to 2 km in thickness in the eastern part of the study area (Drews et al., 2018;

Drews and Duschl, 2022) and disequilibrium compaction could therefore be a main factor for reduced vertical

stress gradients in the area. In addition, the western part is also subject to higher horizontal strain rates, which is

370 reflected by the decreased N-S extent of the NAFB and a more pronounced deformation front (Folded Molasse)

along the North Alpine Thrust Front in this area (Ortner et al., 2015; Drews and Duschl, 2022). Elevated horizontal

strain combined with lower pore pressures and higher permeability of the basin fill would also foster sediment
compaction and therefore favor lower porosities, higher densities and finally higher vertical stress gradients.

We also show the distribution of vertical stress gradients at the top of the Upper Jurassic (Fig. 6d), which is an

375 important thermal aquifer for deep geothermal energy utilization in the NAFB (Flechtner and Aubele, 2019; Schulz

et al., 2017). In addition to the aforementioned eastward reduction, also an apparent southward increase in vertical

stress gradients can be observed, reflecting the southward dip and associated increasing depth of the Upper Jurassic

in the study area. Our results highlight the importance of careful vertical stress gradient estimation for

geomechanical studies of the Upper Jurassic aquifer, e.g. to mitigate the risk of induced seismicity (Megies and

380 Wassermann, 2014): depending on the location of a deep geothermal energy project, vertical stress gradients can

differ by up to 3 MPa/km at the top of the Upper Jurassic. Utilization of a simplified and constant vertical stress

gradient (e.g. 23 MPa/km) is therefore not recommended to accurately plan safe geothermal production.

14


you are talking about bulk density, so it migth not be because of overpressure but simply because of changes in lithologies

M D
Notiz
We disagree. Disequilibrium overpressure is typically observable by lower bulk densities than expected. We investigated overpressure in the NAFB from various data sources and models quite abundantly in the cited references. Overpressure can result in pore pressure gradients in excess of 20 MPa/km, especially in lower Oligocene and Upper Cretaceous shales.
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Figure 6: Distribution of vertical stress gradients in MPa/km in the North Alpine Foreland Basin. Vertical stress
gradient distribution at a true vertical depth below ground level a) TVD = 1000 m, b) TVD = 2000 m, ¢) TVD = 3000 m
d) Vertical stress gradient distribution at the top of Upper Jurassic carbonates. The N-S trending dashed black lines

In order to provide practical vertical stress gradient models for the SE German part of the NAFB, we model vertical
stress gradients as a function of 7VD and geographical easting. Thereby, we divide the study area into a western,
central and eastern subdivision (Fig. 6) to account for the lithological variations in the Cenozoic section and their
impact on compaction (Bachmann and Miiller, 1992; Bachmann et al., 1987; Kuhlemann and Kempf, 2002) (cf.
Fig. 2). We calculate the arithmetic mean of vertical stress gradients of all wellbores of Dataset B within these
three subdivisions using a 500 m step size with a tolerance of +/- 2 m. We restrict the calculation of the average to
a maximum depth of 77D = 3500 m, because only very few wells drilled into greater depths, and to avoid bias
towards single wells. Fig. 7a shows the three resulting vertical stress gradient models (cf. equation 7) fitted to the

mean vertical stress gradients in the western, central and eastern parts. Both the mean vertical stress gradients and

385
divide the study area in a western, central and eastern part.
4.4 Vertical stress gradient modelling
390
395
fitted models capture the eastward decrease of vertical stress gradients in the study area.
400

Due to its relevance for deep geothermal energy production in the NAFB, we also established vertical stress
gradient models for the top of the Upper Jurassic (Fig. 7b) using equation 7. Likewise, both the vertical stress
gradients established through density integration and modelling reflect the eastward decrease of vertical stress
gradients and provide a simple tool to more accurately estimate vertical stress for future geomechanical studies,

e.g. to mitigate the risk of induced seismicity due to fluid injection.

15
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tant gradient; Could you compare the 2 results, and tell us, how much difference it makes, both at the surface, and at

depth ?

a) Sygras [MPa/km] b) Sugras [MPalkm]
21 22 23 24 25 21 22 23 24 25
0 s 500 <
Pay
3
N O O,
500 m, 1000 o
N o w e
omm, Q a2
o, o8 0¥
1000 0m 1500 oo”‘,
SN J
(] h‘ i‘. O
1500 os, 2000
Y
- oa \m -
E \ \ E e
a 2000 O m o 2500 —
= PR g '\ 0O
O @ \m LI
\ \ \
2500 o m ‘? 3000 \ e
. \ .
U E W o,
p . (] A
3000 D w R 3500 FRY
\ \ \ ]
O i L4
.'|‘ “‘. &\ \‘\
3500 DmEyomy 4000 L} \
: Y .‘, . o) \ ° \
Average Gradients ' \ Top Upper Jurassic Y \
4000 . 4500 -
m Av. West @ Av. Central O Av. East ® West © Central O East
405 --=-Model West --- Model Central Model East ---Model West --- Model Central Model East
Figure 7: Vertical stress gradients from Dataset B as a function of true vertical depth below ground level TVD. a)
Average and modelled vertical stress gradients in the western, central and eastern part of the study area (cf. Fig. 6).
Average vertical stress gradients reflect the arithmetic mean from all wells in the western, central and eastern part of
the study area at 14 depths and with a step size of 500 +/- 2 m. b) Well-based and modelled vertical stress gradients in
410 the western, central and eastern part of the study area at the top of the Upper Jurassic.
The fitting parameters o and f along with the coefficient of determination for both the average vertical stress
gradient models and the top Upper Jurassic vertical stress gradient models are listed in Table 3. For all models the
starting vertical stress gradient close to the surface VS? was set to 21 MPa/km.
415 Table 3: Parameters to model vertical stress gradients for Dataset B.
. . vs9
Vertical stress gradient model B R?
[MPa/km]
Average (entire study area) 381 1.91 0.99
Average (West) 325 1.80 0.98
Average (Central) 410 1.93 0.99
Average (East) 21.0 531 1.95 1.00
Top Upper Jurassic (West) 451 1.64 0.91
Top Upper Jurassic (Central) 449 1.91 0.96
Top Upper Jurassic (East) 706 1.66 0.89

VS9, a and f: vertical stress gradient close to the surface and fitting parameters (equation 7);

R?: coefficient of determination
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arriving at the end of the paper, we still don't know how much accuracy you gain by using you method rather than a constant gradient; Could you compare the 2 results, and tell us, how much difference it makes, both at the surface, and at depth ?

M D
Notiz
We actually discuss this in section 4.3, but now added an additional discussion to compare our models with a constant gradient in section 4.4.
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420 5 Conclusions

Based on Gardner’s relationship, we established regional velocity-density relationships for the main lithological
units of the North Alpine Foreland Basin in SE Germany. We used these relationships to generate complete density
profiles along 55 wells, which at least penetrated the entire Cenozoic section to integrate vertical stress and to
calculate vertical stress gradients. Thereby, the following observations were made:
425 e Density data is often impeded by washouts and/or breakouts and has to be rigorously quality-controlled
e Velocity-density relationships differ for the main lithological units, but can be approximated by
modifying the 4 and B parameters of Gardner’s relationship
e (Calibrated 4 and B parameters of Gardner’s relationship for each main lithological unit follow a logical
sequence on a logarithmic relationship: more compressible rocks such as shales and marls display a
430 steeper velocity-density relationship with lower 4 and higher B values, while the opposite is the case for

less compressible rocks such as carbonates and coarse-grained clastics 's not a hew result..
e Vertical stress gradients decrease from west to east in the SE German parta North Alpine Foreland
Basin, correlating well with lithological variations, overpressure and tectonics
In addition, we provided applicable vertical stress gradient models for the western, central and eastern parts of the
435 study area, which can be used to either calculate vertical stress profiles in these parts or vertical stress gradients at
the top of Upper Jurassic carbonates, which pose an important aquifer for deep geothermal energy production. Our
results, therefore, provide a useful resource for future geophysical, geomechanical and geological studies in the

North Alpine Foreland Basin, which require velocity-density relationships and an estimate of vertical stress.
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that's not a new result..

M D
Notiz
Agreed, but we believe it is at least a new result for the NAFB and rephrased more carefully:
"Calibrated A and B parameters of Gardner’s relationship for each main lithological units of the NAFB follow a logical sequence on a logarithmic relationship: more compressible rocks such as shales and marls display a steeper velocity-bulk density relationship with lower A and higher B values, while the opposite is the case for less compressible rocks such as carbonates and coarse-grained clastics"
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EVerfasser: Datum: Unbestimmt

change density by bulk density in the whole manuscript

@erfasser: MD Thema: Notiz Datum: 07.02.2025 15:26:38

done.

EVerfasser: Datum: Unbestimmt

you need to emphasize more on the reason why investigating stress gradient migth be of interest

@erfasser: MD Thema: Notiz Datum: 07.02.2025 15:35:11

The abstract has been rewritten completely and we implemented the suggested improvements.

mVerfasser: Datum: Unbestimmt

EVerfasser: Datum: Unbestimmt

- those 3 equations shouldn't be presented in an abstract, especially as the signification of those numbers cannot be understood by
the readers at this stage of reading.. the sentence on the comparaison between the sectors is probably more important.

further in the main text : it's not a very convinient way of showing an equation.
you should write :

Sv=a+(z/b)*1/c

and provide constant 1, b, ¢ with their units in a tab for the 3 cases.

ﬁVerfasser: MD Thema: Notiz Datum: 07.02.2025 15:37:46

The abstract has been rewritten completely and we implemented the suggested improvements.
We added the unit of TVD when explaining equation 7
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and fracture density
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the figure quality is too low
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could it be just a change of compaction or fluid content due to lithology?

erfasser: M D Thema: Notiz Datum: 07.02.2025 15:46:18

We see significant overpressure with pressure gradients up to 21 MPa/km confirmed by pressure measurements, kicks and other
drilling problems and used drilling fluid densities. All these findings are described in great detail in the provided references.
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| don't understand what this means

erfasser: M D Thema: Notiz Datum: 07.02.2025 15:48:41

we rephrased to: [...] which can result in a sharp pressure contrast in comparison to overpressured Cretaceous-Oligocene sediments
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percent of what???

erfasser: M D Thema: Notiz Datum: 07.02.2025 15:53:40

composition pattern of the complete density profiles (added to the caption)
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—|Verfasser: Datum: Unbestimmt

it's already high. Can you justify that value ? (Vp is really dependent on the boreholel condition)

@Verfasser: MD Thema: Notiz Datum: 07.02.2025 15:54:24

we added: This value was chosen as the cut-off for best possible bulk densities while simultaneously showing the most comprehensive
geographical coverage of data points in the NAFB.

—|Verfasser: Datum: Unbestimmt

from model?

erfasser: M D Thema: Notiz Datum: 07.02.2025 15:55:30

measured (we clarified in the text)

EVerfasser: Datum: Unbestimmt

b = bulk density. It should be stated everywhere to avoid confusion with grain density

erfasser: M D Thema: Notiz Datum: 07.02.2025 15:55:44

Agreed and done.
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Verfasser: Datum: Unbestimmt

EVerfasser: Datum: Unbestimmt

which minimization method ?

erfasser: M D Thema: Notiz Datum: 07.02.2025 16:02:02

good point! we used an iterative process with a constraint precision of 1e-6 for A and B. (explanation added to the text)
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is there any physical reason for that ? please explain why

erfasser: M D Thema: Notiz Datum: 07.02.2025 16:03:35

We are not sure what further explanations/justification need to be added here. We believe that our explanation is more than sufficient
to explain the methodology of our study, which we consider much more a basin analysis / geological than a geophysical study.
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EVerfasser: Datum: Unbestimmt

what are those blue dots on the figure?

random sampling in an initial distribution ? or just a representation of the possible values?
if it's the later, you could have just draw the max, and min curves

in the legend in "blue dots", not "black dots"

erfasser: M D Thema: Notiz Datum: 07.02.2025 16:04:25

we replaced the blue dots by a grey shaded area.

@Verfasser: Datum: Unbestimmt

call dataset 1 and 2 to avoid confusion with parameters A and B

erfasser: M D Thema: Notiz Datum: 07.02.2025 16:04:45

We renamed datasets A and B to datasets | and Il

EVerfasser: Datum: Unbestimmt

why 2 meters ??

@Verfasser: MD Thema: Notiz Datum: 07.02.2025 16:05:48

2 m proved to be the best compromise between highest possible resolution, minimization of outliers due to averaging and least amount of
intervals without data. (explanation added to manuscript)

@Verfasser: Datum: Unbestimmt

@Verfasser: Datum: Unbestimmt

MLU

ﬁVerfasser: MD Thema: Notiz Datum: 07.02.2025 16:06:51

added
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why do you tvd instead of depth? holes are deviated? in that case do you have the correction for the tvd at each hole?

erfasser: M D Thema: Notiz Datum: 07.02.2025 16:19:30

Measured depth was converted to true vertical depth using the minimum curvature method. For most wells (62) this was only a minor
correction (MD - TVD << 5m), but there were a few exemptions. We added a short explanations to "3 Data and methods"
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EVerfasser: Datum: Unbestimmt

the purpose of this eq. 3 is very not clear. how do you discriminate main lithological units? you should discuss the variation of
compaction trend expect for different type of material.

What are the uncertainties on all those parameters?

erfasser: M D Thema: Notiz Datum: 12.02.2025 13:19:04
We cannot really follow this comment. The lithological units have been discriminated using cutting descriptions as explained in section
3.1.1. We use eq 3 to model Gardner's A where only interval velocity data from checkshots or VSPs are available. Here averaging the

lithological composition is necessary, because the resolution of cutting description can be higher. We believe that this is sufficiently
explained in the text.

EVerfasser: Datum: Unbestimmt
what about a and b in eq 2?

erfasser: M D Thema: Notiz Datum: 12.02.2025 13:19:57
a and b are only fitted once to model the relationship between Gardner's B and Gardner's A.

—|Verfasser: Datum: Unbestimmt

eg. 4 looks like Athy's law (with density instead of porosity). | was struggling to understand the physics of this equation, but it looks
like you are substracting the porosity at TVD - porosity at surface. Is it correct? You should explain in more details what you are doing

erfasser: M D Thema: Notiz Datum: 07.02.2025 16:29:52

It is equivalent to Athy's porosity decay function adjusted for density data. We added a short note, that this is an "Athy-type compaction
function adjusted for density increase with increasing depth”

»Verfasser: Thema: Highlight ~ Datum: Unbestimmt
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EVerfasser: Datum: Unbestimmt
using what algorithm?

erfasser: M D Thema: Notiz Datum: 07.02.2025 16:31:18
same as above: we iteratively minimize the sum of squared differences with a constraint precision of 0.000001. (added to text).
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d TVD is very confusing. You used dTVD for an interval (eg. 3), and now it's a differential ? Please improve your equations and
notations.

erfasser: M D Thema: Notiz Datum: 07.02.2025 16:36:47
We changed this to:

Vertical stress S, in MPa at any true vertical depth below ground level TVD in km is calculated by using the average weight of the overlying
material:

Sv(TVD) = rhob_av*g*TVD (5)

Where rhob_av is the average bulk density of the overlying material and g is the Earth’s gravitational acceleration at 9.81 m/s>.

EVerfasser: Datum: Unbestimmt

You have to justify why you use a power law relationship here. What is the implications in terms of compaction / physics that you can
fit your data with a power law rather than a linear model

@erfasser: MD Thema: Notiz Datum: 07.02.2025 16:37:33
Ok

We added: Since we expect bulk density to increase with depth due to increasing sediment compaction, we model the vertical stress gradient

[.]
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—|Verfasser: Datum: Unbestimmt

what about stress path ? cementation ?

f’Verfasser: MD Thema: Notiz Datum: 07.02.2025 16:38:42

we added a dedicated sub-section to discuss additional compaction and unloading mechanisms
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it is more than probable.

erfasser: M D Thema: Notiz Datum: 07.02.2025 16:38:58

see last comment
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those data are very scattered
could you provided the statistics of the curve model?

erfasser: M D Thema: Notiz Datum: 07.02.2025 16:39:17

we added R2 values to the figure caption.
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—|Verfasser: Datum: Unbestimmt

you are talking about bulk density, so it migth not be because of overpressure but simply because of changes in lithologies

erfasser: M D Thema: Notiz Datum: 07.02.2025 16:42:35

We disagree. Disequilibrium overpressure is typically observable by lower bulk densities than expected. We investigated overpressure
in the NAFB from various data sources and models quite abundantly in the cited references. Overpressure can result in pore pressure
gradients in excess of 20 MPa/km, especially in lower Oligocene and Upper Cretaceous shales.
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arriving at the end of the paper, we still don't know how much accuracy you gain by using you method rather than a constant
gradient; Could you compare the 2 results, and tell us, how much difference it makes, both at the surface, and at depth ?

erfasser: M D Thema: Notiz Datum: 12.02.2025 13:22:29

We actually discuss this in section 4.3, but now added an additional discussion to compare our models with a constant gradient in
section 4.4.
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that's not a new result..

ﬁVerfasser: MD Thema: Notiz Datum: 12.02.2025 13:23:00

Agreed, but we believe it is at least a new result for the NAFB and rephrased more carefully:

"Calibrated A and B parameters of Gardner's relationship for each main lithological units of the NAFB follow a logical sequence on a
logarithmic relationship: more compressible rocks such as shales and marls display a steeper velocity-bulk density relationship with lower A
and higher B values, while the opposite is the case for less compressible rocks such as carbonates and coarse-grained clastics"
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